Time-integrated luminosity recorded by the BABAR detector at the PEP-II e^+e^- collider by Lees, J. P. et al.
ar
X
iv
:1
30
1.
27
03
v3
  [
he
p-
ex
]  
10
 M
ay
 20
13
BABAR-PUB-12/031
SLAC-PUB-15347
arXiv:1301.2703 [hep-ex]
Time-Integrated Luminosity Recorded by the BABAR Detector at the PEP-II e+e−
Collider
J. P. Leesa, V. Poireaua, V. Tisseranda, E. Graugesb, A. Palanoab,c, G. Eigend, B. Stugud, D. N. Browne, L. T. Kerthe,
Yu. G. Kolomenskye, G. Lynche, H. Kochf, T. Schroederf, D. J. Asgeirssong, C. Heartyg, T. S. Mattisong,
J. A. McKennag, R. Y. Sog, A. Khanh, V. E. Blinovi, A. R. Buzykaevi, V. P. Druzhinini, V. B. Golubevi,
E. A. Kravchenkoi, A. P. Onuchini, S. I. Serednyakovi, Yu. I. Skovpeni, E. P. Solodovi, K. Yu. Todyshevi,
A. N. Yushkovi, D. Kirkbyj, A. J. Lankfordj, M. Mandelkernj, B. Deyk, J. W. Garyk, O. Longk, G. M. Vitugk,
C. Campagnaril, M. Franco Sevillal, T. M. Hongl, D. Kovalskyil, J. D. Richmanl, C. A. Westl, A. M. Eisnerm,
W. S. Lockmanm, A. J. Martinezm, B. A. Schummm, A. Seidenm, D. S. Chaon, C. H. Chengn, B. Echenardn,
K. T. Floodn, D. G. Hitlinn, P. Ongmongkolkuln, F. C. Portern, A. Y. Rakitinn, R. Andreasseno, Z. Huardo,
B. T. Meadowso, M. D. Sokoloffo, L. Suno, P. C. Bloomp, W. T. Fordp, A. Gazp, U. Nauenbergp, J. G. Smithp,
S. R. Wagnerp, R. Ayadq,1, W. H. Tokiq, B. Spaanr, K. R. Schuberts, R. Schwierzs, D. Bernardt, M. Verderit,
P. J. Clarku, S. Playferu, D. Bettonia,v, C. Bozzia,v, R. Calabreseab,v, G. Cibinettoab,v, E. Fioravantiab,v, I. Garziaab,v,
E. Luppiab,v, L. Piemontesea,v, V. Santoroa,v, R. Baldini-Ferroliw, A. Calcaterraw, R. de Sangrow, G. Finocchiarow,
P. Patteriw, I. M. Peruzziw,2, M. Piccolow, M. Ramaw, A. Zallow, R. Contriab,x, E. Guidoab,x, M. Lo Vetereab,x,
M. R. Mongeab,x, S. Passaggioa,x, C. Patrignaniab,x, E. Robuttia,x, B. Bhuyany, V. Prasady, M. Moriiz, A. Adametzaa,
U. Uweraa, H. M. Lackerab, T. Lueckab, P. D. Daunceyac, U. Mallikad, C. Chenae, J. Cochranae, W. T. Meyerae,
S. Prellae, A. E. Rubinae, A. V. Gritsanaf, N. Arnaudag, M. Davierag, D. Derkachag, G. Grosdidierag, F. Le Diberderag,
A. M. Lutzag, B. Malaescuag, P. Roudeauag, M. H. Schuneag, A. Stocchiag, G. Wormserag, D. J. Langeah,
D. M. Wrightah, J. P. Burkeai, J. P. Colemanai, J. R. Fryai, E. Gabathulerai, R. Gametai, D. E. Hutchcroftai,
D. J. Payneai, C. Touramanisai, A. J. Bevanaj, F. Di Lodovicoaj, R. Saccoaj, M. Sigamaniaj, G. Cowanak,
D. N. Brownal, C. L. Davisal, A. G. Denigam, M. Fritscham, W. Gradlam, K. Griessingeram, A. Hafneram,
E. Prencipeam, R. J. Barlowan,3, G. D. Laffertyan, E. Behnao, R. Cenciao, B. Hamiltonao, A. Jawaheryao,
D. A. Robertsao, C. Dallapiccolaap, R. Cowanaq, D. Dujmicaq, G. Sciollaaq, R. Cheaibar, P. M. Patelar,4,
S. H. Robertsonar, P. Biassoniab,as, N. Neria,as, F. Palomboab,as, L. Cremaldiat, R. Godangat,5, R. Kroegerat,
P. Sonnekat, D. J. Summersat, X. Nguyenau, M. Simardau, P. Tarasau, G. De Nardoab,av, D. Monorchioab,av,
G. Onoratoab,av, C. Sciaccaab,av, M. Martinelliaw, G. Ravenaw, C. P. Jessopax, J. M. LoSeccoax, K. Honscheiday,
R. Kassay, J. Brauaz, R. Freyaz, N. B. Sinevaz, D. Stromaz, E. Torrenceaz, E. Feltresiab,ba, N. Gagliardiab,ba,
M. Margoniab,ba, M. Morandina,ba, M. Posoccoa,ba, M. Rotondoa,ba, G. Simia,ba, F. Simonettoab,ba, R. Stroiliab,ba,
S. Akarbb, E. Ben-Haimbb, M. Bombenbb, G. R. Bonneaudbb, H. Briandbb, G. Calderinibb, J. Chauveaubb,
O. Hamonbb, Ph. Lerustebb, G. Marchioribb, J. Ocarizbb, S. Sittbb, M. Biasiniab,bc, E. Manoniab,bc, S. Pacettiab,bc,
A. Rossiab,bc, C. Angeliniab,bd, G. Batignaniab,bd, S. Bettariniab,bd, M. Carpinelliab,bd,6, G. Casarosaab,bd,
A. Cervelliab,bd, F. Fortiab,bd, M. A. Giorgiab,bd, A. Lusianiac,bd, B. Oberhofab,bd, E. Paoloniab,bd, A. Pereza,bd,
G. Rizzoab,bd, J. J. Walsha,bd, D. Lopes Pegnabe, J. Olsenbe, A. J. S. Smithbe, F. Anullia,bf, R. Facciniab,bf,
F. Ferrarottoa,bf, F. Ferroniab,bf, M. Gasperoab,bf, L. Li Gioia,bf, M. A. Mazzonia,bf, G. Pireddaa,bf, C. Bu¨ngerbg,
O. Gru¨nbergbg, T. Hartmannbg, T. Leddigbg, C. Voßbg, R. Waldibg, T. Adyebh, E. O. Olaiyabh, F. F. Wilsonbh,
1Now at the University of Tabuk, Tabuk 71491, Saudi Arabia
2Also with Universita` di Perugia, Dipartimento di Fisica, Perugia, Italy
3Now at the University of Huddersfield, Huddersfield HD1 3DH, UK
4Deceased
5Now at University of South Alabama, Mobile, Alabama 36688, USA
6Also with Universita` di Sassari, Sassari, Italy
Preprint submitted to Elsevier May 13, 2013
S. Emerybi, G. Hamel de Monchenaultbi, G. Vasseurbi, Ch. Ye`chebi, D. Astonbj, D. J. Bardbj, J. F. Benitezbj,
C. Cartarobj, M. R. Converybj, J. Dorfanbj, G. P. Dubois-Felsmannbj, W. Dunwoodiebj, M. Ebertbj, R. C. Fieldbj,
B. G. Fulsombj, A. M. Gabareenbj, M. T. Grahambj, C. Hastbj, W. R. Innesbj, M. H. Kelseybj, P. Kimbj,
M. L. Kocianbj, D. W. G. S. Leithbj, P. Lewisbj, D. Lindemannbj, B. Lindquistbj, S. Luitzbj, V. Luthbj, H. L. Lynchbj,
D. B. MacFarlanebj, D. R. Mullerbj, H. Nealbj, S. Nelsonbj, M. Perlbj, T. Pulliambj, B. N. Ratcliffbj, A. Roodmanbj,
A. A. Salnikovbj, R. H. Schindlerbj, A. Snyderbj, D. Subj, M. K. Sullivanbj, J. Va’vrabj, A. P. Wagnerbj, W. F. Wangbj,
W. J. Wisniewskibj, M. Wittgenbj, D. H. Wrightbj, H. W. Wulsinbj, V. Zieglerbj, W. Parkbk, M. V. Purohitbk,
R. M. Whitebk, J. R. Wilsonbk, A. Randle-Condebl, S. J. Sekulabl, M. Bellisbm, P. R. Burchatbm, T. S. Miyashitabm,
E. M. T. Pucciobm, M. S. Alambn, J. A. Ernstbn, R. Gorodeiskybo, N. Guttmanbo, D. R. Peimerbo, A. Sofferbo,
S. M. Spanierbp, J. L. Ritchiebq, A. M. Rulandbq, R. F. Schwittersbq, B. C. Wraybq, J. M. Izenbr, X. C. Loubr,
F. Bianchiab,bs, D. Gambaab,bs, S. Zambitoab,bs, L. Lanceriab,bt, L. Vitaleab,bt, F. Martinez-Vidalbu, A. Oyangurenbu,
P. Villanueva-Perezbu, H. Ahmedbv, J. Albertbv, Sw. Banerjeebv, F. U. Bernlochnerbv, H. H. F. Choibv, G. J. Kingbv,
R. Kowalewskibv, M. J. Lewczukbv, I. M. Nugentbv, J. M. Roneybv, R. J. Sobiebv, N. Tasneembv, T. J. Gershonbw,
P. F. Harrisonbw, T. E. Lathambw, H. R. Bandbx, S. Dasubx, Y. Panbx, R. Prepostbx, S. L. Wubx,
The BABAR Collaboration
aLaboratoire d’Annecy-le-Vieux de Physique des Particules (LAPP), Universite´ de Savoie, CNRS/IN2P3, F-74941 Annecy-Le-Vieux, France
bUniversitat de Barcelona, Facultat de Fisica, Departament ECM, E-08028 Barcelona, Spain
cINFN Sezione di Baria; Dipartimento di Fisica, Universita` di Barib, I-70126 Bari, Italy
dUniversity of Bergen, Institute of Physics, N-5007 Bergen, Norway
eLawrence Berkeley National Laboratory and University of California, Berkeley, California 94720, USA
fRuhr Universita¨t Bochum, Institut fu¨r Experimentalphysik 1, D-44780 Bochum, Germany
gUniversity of British Columbia, Vancouver, British Columbia, Canada V6T 1Z1
hBrunel University, Uxbridge, Middlesex UB8 3PH, United Kingdom
iBudker Institute of Nuclear Physics SB RAS, Novosibirsk 630090, Russia
jUniversity of California at Irvine, Irvine, California 92697, USA
kUniversity of California at Riverside, Riverside, California 92521, USA
lUniversity of California at Santa Barbara, Santa Barbara, California 93106, USA
mUniversity of California at Santa Cruz, Institute for Particle Physics, Santa Cruz, California 95064, USA
nCalifornia Institute of Technology, Pasadena, California 91125, USA
oUniversity of Cincinnati, Cincinnati, Ohio 45221, USA
pUniversity of Colorado, Boulder, Colorado 80309, USA
qColorado State University, Fort Collins, Colorado 80523, USA
rTechnische Universita¨t Dortmund, Fakulta¨t Physik, D-44221 Dortmund, Germany
sTechnische Universita¨t Dresden, Institut fu¨r Kern- und Teilchenphysik, D-01062 Dresden, Germany
tLaboratoire Leprince-Ringuet, Ecole Polytechnique, CNRS/IN2P3, F-91128 Palaiseau, France
uUniversity of Edinburgh, Edinburgh EH9 3JZ, United Kingdom
vINFN Sezione di Ferraraa; Dipartimento di Fisica, Universita` di Ferrarab , I-44100 Ferrara, Italy
wINFN Laboratori Nazionali di Frascati, I-00044 Frascati, Italy
xINFN Sezione di Genovaa; Dipartimento di Fisica, Universita` di Genovab , I-16146 Genova, Italy
yIndian Institute of Technology Guwahati, Guwahati, Assam, 781 039, India
zHarvard University, Cambridge, Massachusetts 02138, USA
aaUniversita¨t Heidelberg, Physikalisches Institut, Philosophenweg 12, D-69120 Heidelberg, Germany
abHumboldt-Universita¨t zu Berlin, Institut fu¨r Physik, Newtonstr. 15, D-12489 Berlin, Germany
acImperial College London, London, SW7 2AZ, United Kingdom
adUniversity of Iowa, Iowa City, Iowa 52242, USA
aeIowa State University, Ames, Iowa 50011-3160, USA
afJohns Hopkins University, Baltimore, Maryland 21218, USA
agLaboratoire de l’Acce´le´rateur Line´aire, IN2P3/CNRS et Universite´ Paris-Sud 11, Centre Scientifique d’Orsay, B. P. 34, F-91898 Orsay Cedex,
France
ahLawrence Livermore National Laboratory, Livermore, California 94550, USA
aiUniversity of Liverpool, Liverpool L69 7ZE, United Kingdom
ajQueen Mary, University of London, London, E1 4NS, United Kingdom
akUniversity of London, Royal Holloway and Bedford New College, Egham, Surrey TW20 0EX, United Kingdom
alUniversity of Louisville, Louisville, Kentucky 40292, USA
amJohannes Gutenberg-Universita¨t Mainz, Institut fu¨r Kernphysik, D-55099 Mainz, Germany
anUniversity of Manchester, Manchester M13 9PL, United Kingdom
aoUniversity of Maryland, College Park, Maryland 20742, USA
apUniversity of Massachusetts, Amherst, Massachusetts 01003, USA
2
aqMassachusetts Institute of Technology, Laboratory for Nuclear Science, Cambridge, Massachusetts 02139, USA
arMcGill University, Montre´al, Que´bec, Canada H3A 2T8
asINFN Sezione di Milanoa; Dipartimento di Fisica, Universita` di Milanob , I-20133 Milano, Italy
atUniversity of Mississippi, University, Mississippi 38677, USA
auUniversite´ de Montre´al, Physique des Particules, Montre´al, Que´bec, Canada H3C 3J7
avINFN Sezione di Napolia; Dipartimento di Scienze Fisiche, Universita` di Napoli Federico IIb, I-80126 Napoli, Italy
awNIKHEF, National Institute for Nuclear Physics and High Energy Physics, NL-1009 DB Amsterdam, The Netherlands
axUniversity of Notre Dame, Notre Dame, Indiana 46556, USA
ayOhio State University, Columbus, Ohio 43210, USA
azUniversity of Oregon, Eugene, Oregon 97403, USA
baINFN Sezione di Padovaa; Dipartimento di Fisica, Universita` di Padovab , I-35131 Padova, Italy
bbLaboratoire de Physique Nucle´aire et de Hautes Energies, IN2P3/CNRS, Universite´ Pierre et Marie Curie-Paris6, Universite´ Denis
Diderot-Paris7, F-75252 Paris, France
bcINFN Sezione di Perugiaa; Dipartimento di Fisica, Universita` di Perugiab , I-06100 Perugia, Italy
bdINFN Sezione di Pisaa; Dipartimento di Fisica, Universita` di Pisab; Scuola Normale Superiore di Pisac, I-56127 Pisa, Italy
bePrinceton University, Princeton, New Jersey 08544, USA
bfINFN Sezione di Romaa; Dipartimento di Fisica, Universita` di Roma La Sapienzab , I-00185 Roma, Italy
bgUniversita¨t Rostock, D-18051 Rostock, Germany
bhRutherford Appleton Laboratory, Chilton, Didcot, Oxon, OX11 0QX, United Kingdom
biCEA, Irfu, SPP, Centre de Saclay, F-91191 Gif-sur-Yvette, France
bjSLAC National Accelerator Laboratory, Stanford, California 94309 USA
bkUniversity of South Carolina, Columbia, South Carolina 29208, USA
blSouthern Methodist University, Dallas, Texas 75275, USA
bmStanford University, Stanford, California 94305-4060, USA
bnState University of New York, Albany, New York 12222, USA
boTel Aviv University, School of Physics and Astronomy, Tel Aviv, 69978, Israel
bpUniversity of Tennessee, Knoxville, Tennessee 37996, USA
bqUniversity of Texas at Austin, Austin, Texas 78712, USA
brUniversity of Texas at Dallas, Richardson, Texas 75083, USA
bsINFN Sezione di Torinoa; Dipartimento di Fisica Sperimentale, Universita` di Torinob , I-10125 Torino, Italy
btINFN Sezione di Triestea; Dipartimento di Fisica, Universita` di Triesteb , I-34127 Trieste, Italy
buIFIC, Universitat de Valencia-CSIC, E-46071 Valencia, Spain
bvUniversity of Victoria, Victoria, British Columbia, Canada V8W 3P6
bwDepartment of Physics, University of Warwick, Coventry CV4 7AL, United Kingdom
bxUniversity of Wisconsin, Madison, Wisconsin 53706, USA
Abstract
We describe a measurement of the time-integrated luminosity of the data collected by the BABAR experiment at
the PEP-II asymmetric-energy e+e− collider at the Υ(4S ), Υ(3S ), and Υ(2S ) resonances and in a continuum region
below each resonance. We measure the time-integrated luminosity by counting e+e− → e+e− and (for the Υ(4S ) only)
e+e− → µ+µ− candidate events, allowing additional photons in the final state. We use data-corrected simulation to
determine the cross sections and reconstruction efficiencies for these processes, as well as the major backgrounds.
Due to the large cross sections of e+e− → e+e− and e+e− → µ+µ−, the statistical uncertainties of the measurement
are substantially smaller than the systematic uncertainties. The dominant systematic uncertainties are due to observed
differences between data and simulation, as well as uncertainties on the cross sections. For data collected on the Υ(3S )
and Υ(2S ) resonances, an additional uncertainty arises due to Υ → e+e−X background. For data collected off the Υ
resonances, we estimate an additional uncertainty due to time-dependent efficiency variations, which can affect the
3
short off-resonance runs. The relative uncertainties on the luminosities of the on-resonance (off-resonance) samples
are 0.43% (0.43%) for the Υ(4S ), 0.58% (0.72%) for the Υ(3S ), and 0.68% (0.88%) for the Υ(2S ).
Keywords: BABAR, integrated luminosity
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1. Introduction
The BABAR detector [1] operated at the PEP-II
asymmetric-energy e+e− collider [2] and collected
physics data from October 1999 until March 2008.
Most of the data were collected at an e+e− center-of-
mass (CM) energy √s corresponding to the mass of
the Υ(4S ) resonance [3]. This “on-resonance” Υ(4S )
sample contains (464.8 ± 2.8) × 106 BB events [4] and
is used for the study of B-meson decays, CP viola-
tion, and B0 − B0 mixing. Data samples collected
at the Υ(3S ) and Υ(2S ) resonances in 2008 are used
for bottomonium studies and for dedicated new-physics
searches. For each Υ(nS ) resonance (n = 2, 3, 4), an
“off-resonance” sample was collected for studying con-
tinuum e+e− → qq¯ events, where q is a u, d, s, or c
quark. The off-Υ(4S ) sample has a CM energy about
40 MeV below the Υ(4S ) peak mass, and the off-Υ(3S )
and off-Υ(2S ) samples are 30 MeV below the respec-
tive peaks. All on- and off-resonance samples are used
for charm, τ, two-photon, and QCD physics analyses.
Measurements of production cross sections and
branching fractions often depend on knowledge of the
time-integrated luminosity L of the collected data sam-
ple. In some cases, the uncertainty on L is one of the
major sources of systematic uncertainty [5]. In addi-
tion, in Υ-resonance data analyses, background char-
acteristics or the level of continuum background con-
tamination are often determined from the off-resonance
sample. This requires knowledge of the ratio of the
integrated luminosities of the on-resonance and off-
resonance samples.
In this article, we describe the final analysis of the in-
tegrated luminosity of the dataset collected by BABAR,
incorporating the latest processing and reconstruction
of the dataset, improved techniques, and reduced sys-
tematic uncertainties relative to previous measurements.
The integrated luminosity is measured with Bhabha
(e+e− → e+e−) and dimuon (e+e− → µ+µ−) events.
These processes have large, well-known cross sections
and simple signatures that are easily identified, thus en-
suring high signal-to-background ratios. We use dipho-
ton (e+e− → γγ) events to estimate some systematic un-
certainties and in the determination of the Υ(2S , 3S ) →
e+e− background contamination. We do not use dipho-
ton events to directly measure the integrated luminosity,
due to the significant uncertainty on the cross section
for this process, as calculated by available Monte Carlo
(MC) generators.
The analysis technique and results are presented here
as a resource for future BABAR physics publications, as
well as future integrated-luminosity measurements at
other e+e− colliders.
2. Detector and Dataset
The BABAR detector is described in detail in Ref. [1],
and only a brief description is given here. Charged-
particle trajectories are measured with a five-layer sil-
icon vertex tracker and a 40-layer drift chamber (DCH)
in a nearly uniform 1.5 T magnetic field. Charged
hadron identification is provided by a Cherenkov detec-
tor, and photons and electrons are detected in a CsI(Tl)
electromagnetic calorimeter (EMC). Muons are identi-
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fied with resistive plate chambers and limited streamer
tubes inserted between the iron layers of the magnetic-
field instrumented flux return (IFR).
A two-level trigger system, composed of a hardware
(“level-1”) stage and a subsequent software (“level-3”)
stage, is used to decide whether an event is recorded.
Both trigger levels use information from the DCH
and EMC and employ fast EMC-cluster and track-
reconstruction algorithms. IFR information is also used
in level 1. Events passing the level-1 and level-3 trig-
ger selections are recorded. After additional prescaling
(discussed below), events are processed by the oﬄine
reconstruction, where more sophisticated algorithms
use information from all detector subsystems. After ini-
tial stages of the oﬄine reconstruction, an event selec-
tion and classification stage referred to as the oﬄine fil-
ter takes place. Classifications of the level-3 trigger and
the oﬄine filter are used to preselect events for subse-
quent data analysis.
The integrated luminosity and its uncertainties are
determined separately for several data samples. The
Υ(4S ) sample is divided into six runs, labeled Run 1
through Run 6. Each run corresponds to a data-taking
period with typical shutdowns of no more than a few
days or weeks. Shutdown periods between runs are typ-
ically several months long. For each run there is also
an off-resonance sample, collected during short periods
interleaved with on-resonance data-taking periods. The
Run-7 sample contains the Υ(3S ) and Υ(2S ) data, as
well as the corresponding off-resonance samples. Run 7
also includes a dataset collected at CM energies above
the Υ(4S ) resonance, which is not included in this anal-
ysis. Table 1 lists the data-taking period and Υ reso-
nance for each run.
Table 1: Data-taking period and the resonance corresponding to the
PEP-II CM energy
√
s for each of the BABAR runs.
Resonance Run Month/Year
Υ(4S ) Run 1 10/1999 − 10/2000
Run 2 02/2001 − 06/2002
Run 3 12/2002 − 06/2003
Run 4 09/2003 − 07/2004
Run 5 04/2005 − 08/2006
Run 6 01/2007 − 09/2007
Υ(3S ) Run 7 12/2007 − 02/2008
Υ(2S ) Run 7 02/2008 − 03/2008
To calculate cross sections and detector efficien-
cies, we make use of simulated MC samples. The
BHWIDE [6] MC generator is used to simulate Bhabha
events, and the KKMC [7] generator with the modifica-
tions described in Ref. [8] is used for dimuon events.
We also use KKMC to study possible background from
e+e− → τ+τ− events. The BABAYAGA generator with
next-to-leading-order corrections [9] is used to estimate
the Bhabha cross section systematic uncertainty. The
EvtGen [10] generator is used for studying the back-
ground from Υ(2S ) and Υ(3S ) decays in Run 7. We use
the BKQED [11] generator to generate diphoton events.
Events produced by these MC generators are passed
through a full detector simulation based on Geant4 [12]
and are reconstructed and analyzed in the same way as
the data.
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3. Analysis Method
For Runs 1–6, the integrated luminosity is measured
with Bhabha (e+e− → e+e−) and dimuon (e+e− →
µ+µ−) events, which may include any number of radi-
ated photons in the final state. For Run 7, e+e− → µ+µ−
events are not used, due to significant uncertainty as-
sociated with the contribution of the Υ → µ+µ− back-
ground.
For a particular data sample, the integrated luminos-
ity is measured from
L = Ncand − Nbgd
σvis
, (1)
where Ncand is the number of selected signal candidate
events, of which Nbgd events are estimated to be back-
ground. The visible cross section σvis is given by
σvis ≡
∫ dσ
dΩǫ(Ω) dΩ, (2)
where dσ/dΩ is the theoretical differential cross sec-
tion and ǫ(Ω) the efficiency for reconstructing and se-
lecting signal events for a given phase-space point Ω.
The methods for obtaining each of these quantities are
discussed below.
3.1. Event Selection
The event-selection criteria are designed to yield
samples of high-purity Bhabha and dimuon events, with
two high-momentum charged-particle tracks in the cen-
tral part of the detector and relatively little energy taken
up by radiated photons. We have chosen the selec-
tion criteria so that systematic uncertainties arising from
data-MC differences of event distributions are kept to
a minimum. Electron vs. muon identification relies
on comparison of the track momentum with the cor-
responding energy deposited in the EMC. Event selec-
tion is performed in two steps: preselection, which takes
place at the level-3 trigger and during oﬄine reconstruc-
tion, and is described in Section 3.1.1; and final event
selection, which is described in Section 3.1.2.
As a basic requirement for tracks at both selection
steps, the point of closest approach of the track to the in-
coming PEP-II beams is required to be less than 1.5 cm
in the radial direction (r) and less than 10 cm in the
beam direction (z).
3.1.1. Preselection
Tracks used for the level-3 Bhabha event selection
must have laboratory-frame polar-angle values between
0.9 rad and 2.5 rad. Most Bhabha events are selected
by finding two oppositely charged tracks with CM mo-
menta above 2.0 GeV/c, where at least one of the tracks
is associated with an EMC cluster with CM energy of
at least 2.5 GeV. The CM momenta, polar angles, and
azimuthal angles of the two tracks are required to sat-
isfy p1 + p2 > 7 GeV/c, |θ1 + θ2 − π| < 0.5 rad, and
|φ1 − φ2 − π| < 0.3 rad. To maintain high efficiency,
the level-3 Bhabha selection also accepts events with
a single track, provided there is an EMC energy de-
position in the expected location, opposite the track
in the CM frame. In this case, the requirements on
the track momentum, the cluster energy, and the po-
lar and azimuthal angles of the track and cluster are
ptrack + Ecluster > 6 GeV, |θtrack + θcluster − π| < 0.2 rad,
and |φtrack +φcluster − π| < 0.3 rad, where these quantities
are evaluated in the CM frame.
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Bhabha events are recorded not only for luminos-
ity determination, but also for EMC calibration. The
Bhabha cross section increases steeply with decreasing
e+e− scattering angle. Therefore, a large fraction of
events in regions of high cross section is discarded in
order to reduce the rate of events handled by the data-
acquisition system without significant detrimental im-
pact on calibration. This is achieved by assigning each
trigger-selected Bhabha event to one of seven bins ac-
cording to θLabmax, the larger of the laboratory-frame polar
angles of the two leptons. For each bin i, only one of
every Ni events is logged, where the “prescale factor”
Ni increases with θLabmax. This results in a sawtooth distri-
bution of cos θLabmax that is nonetheless more uniform than
the original distribution and more suitable for calibra-
tion purposes. The prescale factor applied to each saved
event is later used to recreate the initial |cos θ| spectrum
for use in the luminosity determination.
Dimuon events are passed by the level-3 trigger based
on a very loose criterion of a single track with transverse
momentum pT > 0.6 GeV/c (a value further reduced for
Run 7) or two tracks, each having pT > 0.25 GeV/c.
This loose selection is possible due to the fact that the
e+e− → µ+µ− cross section is much lower than the
e+e− → e+e− cross section. At the oﬄine-filter stage,
dimuon event selection requires two oppositely charged
tracks. The CM momenta of the higher-momentum and
lower-momentum tracks must satisfy p1 > 4 GeV/c and
p2 > 2 GeV/c, respectively; the sum of the CM polar
angles of the tracks is required to satisfy 2.8 < θ1 + θ2 <
3.5 rad; and the sum of the CM energies of the EMC
clusters associated with the two tracks must be less than
2 GeV.
The diphoton level-3 trigger selection requires two
EMC clusters. During Run 1 data collection, the CM
energy of each cluster was required to be at least 0.35
of the PEP-II CM energy
√
s. For Runs 2–7, the re-
quirement was decreased to 0.3
√
s. The sums of the
polar and azimuthal angles of the clusters must satisfy
|θ1+θ2−π| < α0 and ||φ1−φ2|−π| < α0 in the CM frame,
where α0 = 0.5 rad for Run 1 and 0.1 rad for Runs 2–
7. The trigger is rejected if the event has a track with
pT > 0.25 GeV/c.
To facilitate oﬄine checks of simulated trigger ef-
ficiency, a heavily prescaled, unbiased sample of all
events satisfying the level-1 trigger is logged. For cor-
responding checks of the oﬄine-filter stage, a prescaled
sample of all logged events is kept regardless of whether
any oﬄine-filter selection is satisfied. The use of these
“bypass” samples is discussed in Section 3.3.
3.1.2. Final Selection
The Bhabha and dimuon event selections for the
luminosity analysis impose additional, tighter final-
selection criteria, relying on event properties obtained
with the oﬄine reconstruction.
For Bhabha candidates, the CM polar angles of the
tracks are required to satisfy |cos θ| < 0.70 rad for one
track and |cos θ| < 0.65 rad for the other track. We
require P1 > 0.75 and P2 > 0.50, where the scaled
momentum Pi ≡ 2pi/
√
s is twice the ratio of the CM
momentum pi of track i to the PEP-II CM energy
√
s,
and the index i = 1 (i = 2) denotes the track with the
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higher (lower) CM momentum. The acolinearity angle
α, defined as 180◦ minus the CM angle between the two
tracks, is required to satisfy α < 30◦. We attempt to
geometrically associate each track with an EMC clus-
ter and calculate the ratio of the cluster energy to the
track momentum in the laboratory frame. Denoting the
higher (lower) ratio with (E/p)H ((E/p)L), we require
(E/p)H > 0.7 and (E/p)L > 0.4. If only one track is
associated with a cluster, it must satisfy (E/p) > 0.7.
Events with no track-cluster association are rejected.
For dimuon candidates, we require |cos θ| < 0.70 rad
for one track and |cos θ| < 0.65 rad for the other track,
P1 > 0.85, P2 > 0.75, and α < 20◦. At least one track
must have an associated EMC cluster with CM energy
less than 0.5 GeV. If a cluster is associated to the second
track, its CM energy is required to be less than 1 GeV.
Diphoton candidates are selected by requiring events
with two EMC clusters with energies E1, E2 satisfying
2E1/
√
s > 0.85 and 2E2/
√
s > 0.75. The CM polar
angles of the clusters must satisfy |cos θ| < 0.7 rad for
one cluster and |cos θ| < 0.65 rad for the other, and the
acolinearity angle must be smaller than 10◦. If there
are tracks in the event, the track with the largest CM
momentum must satisfy P1 < 0.5.
Hadronic events (e+e− → hadrons) are used in the es-
timation of the Υ → e+e− background. We select such
events by requiring at least three tracks and a primary
vertex location consistent with the known beamspot.
The total energy of tracks and clusters must be greater
than 0.3
√
s, and the ratio of the second to the zeroth
Fox-Wolfram moments [13] is required to be smaller
than 0.95. The distance between the primary production
vertex of the tracks in the event and the time-averaged
beamspot position must be less than 0.5 cm in r and less
than 6 cm in z.
Figs. 1 through 4 show examples of the Bhabha
and dimuon selection-variable distributions for data and
simulation. Although in some cases there are visible
differences between the distributions in data and in sim-
ulation, the loose selection criteria ensure that these dif-
ferences have negligible impact on the knowledge of the
signal efficiency.
3.2. Background Estimation
3.2.1. Background Sources Common to All Runs
The efficiency for e+e− → τ+τ− → µ+µ−νµν¯µντν¯τ
events to pass the dimuon selection is determined us-
ing MC. We find the fraction of such events in the se-
lected e+e− → µ+µ− candidate sample to be (0.0816 ±
0.0033)%. The fraction of Bhabha events in the dimuon
sample is determined in the same way, and is found to
be (0.02 ± 0.01)%. In both cases, the uncertainties are
due to MC statistics, and are much larger than those ex-
pected due to uncertainties on the efficiency or the cross
sections of the various modes.
To estimate the background due to cosmic rays or
beam-gas interactions, we select dimuon candidates
where the point of closest approach of the tracks to the
beamline is between 10 cm and 30 cm of the interac-
tion point in z, and that satisfy all other requirements.
From this sample, the level of contamination of cos-
mic events in the dimuon sample is determined to be
(1.8 ± 0.7) × 10−5, which we take to be negligible.
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Figure 1: Distributions of the scaled CM momentum Pi = 2pi/
√
s and cosine of the CM polar angle θi for the higher-momentum (i = 1) and lower-
momentum (i = 2) track in candidate e+e− → e+e− events in a fraction of the data (Run 4; solid red histograms) and for simulated e+e− → e+e−
events (dashed black histograms). The simulation histograms are normalized to the area of the data histograms. The upper two rows of figures
show the Pi distributions with linear (left) and log (right) vertical scale. In each scaled-momentum plot, the vertical line shows the minimum value
for events that are retained. When plotting each variable, the selection criteria on all other variables are applied. The |cos θi | (i = 1, 2) plots are
made with |cos θi | < 0.7.
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Figure 2: Distributions of the CM acolinearity angle α, and the higher (lower) laboratory-frame energy-to-momentum ratio E/pH (E/pL) for
e+e− → e+e− candidates in a fraction of the data (Run 4; solid red histograms) and for simulated e+e− → e+e− events (dashed black histograms).
The simulation histograms are normalized to the area of the data histograms. The distributions are shown with linear (left) and log (right) vertical
scale. In each E/p plot (log-scale α plot), the vertical line shows the minimum (maximum) value for events that are retained. When plotting each
variable, the selection criteria on all other variables are applied.
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Figure 3: Distributions of the scaled CM momentum Pi = 2pi/
√
s and cosine of the CM polar angle θi for the higher-momentum (i = 1) and lower-
momentum (i = 2) track in candidate e+e− → µ+µ− events in a fraction of the data (Run 4; solid red histograms) and for simulated e+e− → µ+µ−
and e+e− → τ+τ− events (dashed black histograms). In the log-scale plots, the dotted blue histograms show the small contribution of e+e− → τ+τ−
events to the simulation histograms. The simulation histograms are normalized to the area of the data histograms. The upper two rows of figures
show the Pi distributions with linear (left) and log (right) vertical scale. In each scaled-momentum plot, the vertical line shows the minimum value
for events that are retained. When plotting each variable, the selection criteria on all other variables are applied. The |cos θi | (i = 1, 2) plots are
made with |cos θi | < 0.7.
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Figure 4: Distributions of the CM acolinearity angle α and of the laboratory-frame energies of the higher-energy (EH ) and lower-energy (EL)
EMC clusters matched to the tracks in candidate e+e− → µ+µ− events in a fraction of the data (Run 4; solid red histograms) and for simulated
e+e− → µ+µ− and e+e− → τ+τ− events (dashed black histograms). In each log-scale plot, the dotted blue histogram shows the small contribution
of e+e− → τ+τ− events to the simulation histogram, and the vertical line shows the maximum value for events that are retained. The simulation
histograms are normalized to the area of the data histograms. The distributions are shown with linear (left) and log (right) vertical scale. When
plotting each variable, the selection criteria on all other variables are applied. The small structure at 1 GeV in the EH distribution results from a
high-energy calibration correction that is applied to clusters with E > 1 GeV.
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The background level in the Bhabha sample is much
smaller than the values listed above for the dimuon sam-
ple, since the visible cross section for e+e− → e+e− is
an order of magnitude larger than for e+e− → µ+µ−.
Therefore, the background in the Bhabha channel is ne-
glected.
3.2.2. Υ Background in Run 7
The on-resonance Run-7 sample contains non-
negligible contributions from the decays Υ(2S ) →
e+e−, Υ(3S ) → e+e− and, to a smaller extent, from cas-
cade decays such as Υ(2S ) → π+π−Υ(1S ) → π+π−e+e−
or Υ(2S ) → γχbJ(1P) → γγΥ(1S ) → γγe+e−. This
type of background, which we label as Υ → e+e−X, is
negligible in the Υ(4S ) samples of Runs 1–6. We deter-
mine the number of Run-7 Υ → e+e−X events from
NΥ→e+e− = NΥBvis(Υ→ e+e−X), (3)
where NΥ is the number of e+e− → Υ events produced,
and the visible branching fraction
Bvis(Υ → e+e−X) =
∑
i
Bi(Υ→ e+e−X)ǫi(Υ→ e+e−X) (4)
accounts for the branching fraction Bi(Υ → e+e−X)
and reconstruction efficiency ǫi(Υ → e+e−X) of each
process (indicated by the index i) that contributes to
this background. We obtain Bvis(Υ → e+e−X) from
simulated events, generated with branching fractions
Bi(Υ → e+e−X) based on the measurements com-
piled in the Review of Particle Physics [3]. Since
B(Υ(3S ) → e+e−) has not been measured, we take
its value to be identical to B(Υ(3S ) → µ+µ−), relying
on lepton universality in electromagnetic interactions.
Since the spread in
√
s (about 5 MeV) is much larger
than the widths of the Υ(2S ) and Υ(3S ) resonances,
we ignore interference between Υ → e+e− decays and
Bhabha scattering when estimating the Υ→ e+e− back-
ground. Interference is further suppressed by the differ-
ent polar-angle distributions of the two processes.
To determine the number of Υ mesons produced in
the Υ(2S ) or Υ(3S ) on-resonance sample, we count the
number of on-resonance hadronic events and subtract
the number of off-resonance events scaled by the ratios
of luminosities and cross sections between the on- and
off-resonance samples. The luminosity ratio is deter-
mined from diphoton events. The number of Υ mesons
is [4]
NΥ =
Nhad − κ Noffhad NγγNoffγγ
 1
ǫhad
, (5)
where Nhad (Noffhad) is the number of events satisfying the
e+e− → hadrons selection criteria in the on-resonance
(off-resonance) sample, Nγγ (Noffγγ ) is the number of
events satisfying the e+e− → γγ selection criteria in
the on-resonance (off-resonance) sample, ǫhad is the re-
construction efficiency for the on-resonance hadronic
events, and κ is a correction factor accounting for the
small s-dependence of the visible cross sections of the
continuum hadronic and γγ events.
Using Eq. (3), we determine that Υ → e+e−X back-
ground constitutes (1.4 ± 0.1)% of the events passing
the e+e− → e+e− selection in the on-resonance Υ(2S )
sample and (0.9 ± 0.1)% in the Υ(3S ) sample. The
uncertainties are dominated by the uncertainties on the
Υ → e+e−X branching fractions. The uncertainty on NΥ
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is 0.9%, dominated by the determination of ǫhad, and has
a negligible effect on the NΥ→e+e−X uncertainty.
In the dimuon channel, Υ → µ+µ− events consti-
tute (21.9 ± 2.2)% of the selected e+e− → µ+µ− candi-
date events for the Υ(2S ) sample and (14.3 ± 1.4)% for
the Υ(3S ) sample. Due to the large uncertainty intro-
duced by this background, dimuon events are not used
for Run 7, as mentioned above.
3.3. Visible Cross Sections
The visible cross sections σvis (see Eq. (2)) for
Bhabha and dimuon events are initially obtained from
the MC simulation for each run period and CM energy7.
We then correct the values of σvis for small data-MC ef-
ficiency differences, determined as follows.
We determine the inefficiency of the trigger and
oﬄine-filter selection from the fraction of events that
fail this selection but satisfy the final selection require-
ments, using event samples that are allowed to bypass
the level-3 trigger and oﬄine filter. From the ineffi-
ciency difference between data and MC, we apply run-
by-run corrections to σvis of up to 0.3%.
The track-reconstruction inefficiency is measured
from the fraction of Bhabha events in which only one
track is found. To minimize the non-Bhabha events in
this sample, one of the tracks must satisfy tight selec-
tion criteria: 0.95 < P < 1.05, 0.9 < (E/p) < 1.1, and
|cos θ| < 0.70 rad. A second track is not found in 0.2%
7The MC generators are not valid in some parts of phase space,
in particular for small-angle Bhabha scattering, which is excluded by
the analysis selection criteria. Therefore, the simulation can be used
to evaluate the visible cross section, but not the full cross section and
efficiency separately.
of these events. The identification of these one-track
events as e+e− → e+e− is justified by the observation
that the highest-energy EMC cluster, other than the clus-
ter associated with the track, has CM acolinearity with
respect to the track of no more than about 10◦ (some
acolinearity is expected, since the missed track bends
in the magnetic field), and that the ratio between the
energy of this cluster to the track momentum peaks at
1. From the data-MC inefficiency difference, we apply
run-dependent corrections to σvis in the range 0.14%-
0.27%.
Table 2 shows the corrected visible cross sections for
the different PEP-II CM energies. For Runs 1–6, we
observe a run-to-run variation of±0.21% (±0.7%) in the
value of σvis for the Bhabha (dimuon) channel.
4. Systematic Uncertainties
Table 3 summarizes the systematic uncertainties,
which are described in detail below.
For the selection criteria used in this analysis, we find
that the cross section reported by BHWIDE is consistent
with that of the BABAYAGA [14] generator to within
the statistical uncertainty of the comparison, 0.06%. We
add this uncertainty in quadrature to the BABAYAGA
theoretical uncertainty of 0.20% [14] to obtain the total
uncertainty of 0.21%. The uncertainty on the dimuon
cross sections is taken to be 0.44%, based on Ref. [8].
From the data-MC comparisons described in Sec-
tion 3.3, we estimate an uncertainty of 0.13% (0.20%)
for the track-reconstruction efficiency for Runs 1–6
(Run 7), corresponding to approximately half the largest
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Table 2: Visible cross section σvis (see Eq. (2)), with the relative uncertainty in percent shown in parentheses, for the different data-taking periods
categorized according to the center-of-mass energy
√
s, which was equal to (“On”) or just below (“Off”) the masses of the Υ resonances. Results
for the Υ(4S ) samples are luminosity-averaged over Runs 1–6. The uncertainties are systematic and are described in Section 4.
Sample σvis (nb)
e+e− → e+e− e+e− → µ+µ−
On Υ(4S ) 6.169 ± 0.041 (0.7) 0.4294 ± 0.0023 (0.5)
Off Υ(4S ) 6.232 ± 0.044 (0.7) 0.4333 ± 0.0025 (0.6)
On Υ(3S ) 6.461 ± 0.037 (0.6) 0.4488 ± 0.0028 (0.6)
Off Υ(3S ) 6.508 ± 0.056 (0.9) 0.4501 ± 0.0040 (0.9)
On Υ(2S ) 6.933 ± 0.042 (0.6) 0.4802 ± 0.0030 (0.6)
Off Υ(2S ) 6.866 ± 0.051 (0.7) 0.4721 ± 0.0036 (0.8)
Table 3: Relative systematic uncertainties on the measured integrated luminosity.
Source Relative uncertainty on L (%)
Theoretical cross section 0.26 (e+e−), 0.44 (µ+µ−)
Track-reconstruction efficiency 0.13 (Runs 1–6), 0.20 (Run 7)
Trigger & oﬄine-filter efficiency 0.10
Data-MC differences 0.5–0.7 (e+e−), 0.24–0.28 (µ+µ−)
Time dependence 0.16–0.46 (Off-resonance)
Background subtraction 0.02 (Runs 1–6), 0.10 (Υ(3S )), 0.15 (Υ(2S ))
Boost uncertainty 0.2 (Run 7)
correction within these data samples. An uncertainty of
0.1% is estimated for the trigger and oﬄine-filter ef-
ficiency correction by rounding up the largest of the
run-dependent statistical uncertainties of this correction.
To account for differences between the distributions of
data and MC events in the variables used for event se-
lection, we vary the selection requirements over wide
ranges throughout the tails of the signal-event distribu-
tions, and repeat the full analysis for each variation. For
each selection variable, the largest resulting change in
L is taken to be the associated uncertainty. The uncer-
tainties for the different selection variables are added
in quadrature for each run, with resulting uncertainties
ranging between 0.5% and 0.7% for e+e− → e+e− and
between 0.24% and 0.28% for e+e− → µ+µ−.
The luminosity and systematic uncertainties are eval-
uated for the entire period of data collection for each
particular run. Use of subsamples within a run may in-
troduce time-dependent variations in efficiency that are
not accounted for in the analysis. In particular, off-
resonance data are collected at relatively rare intervals,
and could therefore be subject to such time-dependent
effects. Therefore, we estimate an additional systematic
uncertainty for the off-resonance luminosity, account-
ing for tracking-related and EMC-related time varia-
tion studied using the on-resonance samples. The on-
resonance data sample for each run is divided into at
least ten subsamples with luminosities of about 1 to
2 fb−1 each. In each subsample i, we calculate the ra-
tio xi = Leei /L
µµ
i of the luminosity values obtained with
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Bhabha and dimuon events. We use the spread in the
xi values, after subtraction of the estimated statistical
component of the spread, to estimate the off-resonance
luminosity uncertainty associated with the time varia-
tion of any EMC-related effects. Similarly, we use the
spread of the ratiosLeei /L
γγ
i of the luminosity values ob-
tained with Bhabha and diphoton events to estimate the
uncertainty due to the time variation of tracking-related
effects. Finally, these two uncertainties are added in
quadrature. As an illustration, the values of Leei /L
µ+µ−
i
and Leei /L
γγ
i for the different subsamples of Run 4 are
shown in Fig. 5.
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Figure 5: (Top) The ratio Lee/Lµ+µ− of the luminosity values com-
puted with Bhabha and dimuon events and (bottom) the ratio Lee/Lγγ
obtained with Bhabha and diphoton events for subsamples of Run 4.
Off-resonance (on-resonance) subsamples are indicated with blue
open circles (red filled squares). The luminosity ratios shown do not
include the efficiency corrections discussed in the text.
The uncertainties on the background subtraction, de-
scribed in Section 3.2, are propagated to the final un-
certainty on L. For Run 7, we estimate an additional
uncertainty of 0.2% on the signal reconstruction effi-
ciency, arising from the uncertainty on the laboratory-
to-CM boost associated with changing the PEP-II en-
ergy from the Υ(4S ) to the Υ(3S ) and Υ(2S ).
Systematic uncertainties from the different sources
are added in quadrature, separately for each channel
(e+e− → e+e−, e+e− → µ+µ−), run, and on/off-
resonance data-taking period. When combining results
in Section 5, we take into account the following cor-
relations between systematic uncertainties. The uncer-
tainties on the track-reconstruction efficiency and on the
trigger and oﬄine-filter efficiency are positively corre-
lated between the two channels. Uncertainties in the
theoretical cross section, background subtraction, trig-
ger and oﬄine-filter efficiencies, and selection-criteria
variation are positively correlated for the different runs,
as well as for the on-resonance and off-resonance peri-
ods.
5. Results
Table 4 lists the integrated luminosity results for the
on- and off-resonance samples for each run. The re-
sults for Runs 1–6 are averaged over the µ+µ− and e+e−
channels, accounting for correlated uncertainties. The
results obtained with the two modes are compatible and
have similar overall uncertainties, with the µ+µ− uncer-
tainties being somewhat smaller. (As noted in Section 3,
the Run-7 luminosity is obtained with e+e− events only.)
The ratios between the on-resonance and off-resonance
integrated luminosities are also given. Table 5 shows a
run-by-run breakdown of the results for the Υ(4S ) peri-
ods.
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Table 4: The integrated luminosities of the on-resonance (Lon) and off-resonance (Loff) data samples recorded at and just below the Υ resonances,
and the ratio between the on- and off-resonance integrated luminosities. For each entry, the first uncertainty is statistical, the second uncertainty is
systematic, and the total relative uncertainty in percent is given in parentheses.
Resonance Lon ( fb−1) Loff ( fb−1) Lon/Loff
Υ(4S ) 424.18 ± 0.04 ± 1.82 (0.43) 43.92 ± 0.01 ± 0.19 (0.43) 9.658 ± 0.003 ± 0.007 (0.08)
Υ(3S ) 27.96 ± 0.03 ± 0.16 (0.58) 2.623 ± 0.008 ± 0.017 (0.72) 10.66 ± 0.03 ± 0.03 (0.40)
Υ(2S ) 13.60 ± 0.02 ± 0.09 (0.68) 1.419 ± 0.006 ± 0.011 (0.88) 9.58 ± 0.04 ± 0.04 (0.59)
Table 5: The on-resonance (Lon) and off-resonance (Loff) integrated luminosities of the individual Υ(4S ) runs, and the ratio between the on- and
off-resonance integrated luminosities. For each entry, the first uncertainty is statistical, the second uncertainty is systematic, and the total relative
uncertainty in percent is given in parentheses.
Run Lon ( fb−1) Loff ( fb−1) Lon/Loff
1 20.37 ± 0.01 ± 0.09 (0.44) 2.564 ± 0.002 ± 0.014 (0.55) 7.946 ± 0.006 ± 0.027 (0.35)
2 61.32 ± 0.01 ± 0.26 (0.42) 6.868 ± 0.004 ± 0.034 (0.44) 8.928 ± 0.006 ± 0.023 (0.27)
3 32.28 ± 0.01 ± 0.13 (0.40) 2.443 ± 0.003 ± 0.012 (0.51) 13.213 ± 0.015 ± 0.037 (0.30)
4 99.58 ± 0.02 ± 0.41 (0.41) 10.016 ± 0.007 ± 0.043 (0.43) 9.943 ± 0.007 ± 0.012 (0.14)
5 132.33 ± 0.02 ± 0.59 (0.45) 14.278 ± 0.008 ± 0.066 (0.47) 9.268 ± 0.005 ± 0.012 (0.14)
6 78.31 ± 0.02 ± 0.35 (0.45) 7.752 ± 0.006 ± 0.036 (0.47) 10.102 ± 0.008 ± 0.013 (0.15)
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